We have a problem on our hands, but most never encounter it.  It is countenanced by those who are in need of a new convention because the common convention is found wanting to their experiences.  The convention deals with days and nights as well as with mornings, afternoons, evenings, and nights.
When we say…

…we mean…

Good morning


Hello

Have a good morning

Good-bye

Good afternoon

Hello

Have a good afternoon
Good-bye

Good evening


Hello

Have a good evening

Good-bye

Good night


Good-bye –or– Sleep well

Have a good night

same as above
The problem arises when a person who is awake during the night and enters his jobsite at night and leaves in the morning.  When he comes into work, he says, “Hello,” because he can’t say, “Good night”; the phrase “Good night” is too unavoidably “Good-bye” and won’t allow much alteration.  However, when he leaves, he bids his co-workers “Good night,” even though it is the morning, or he can say, “Have a good morning,” which is more true to the time of day although the meaning is virtually the same.

Furthermore, we have a problem with our understanding of our time from midnight (12 AM) to around 6 AM.  To the more discerning persons, this is morning, so we may well say to something during this time, “Good morning,” when greeting or “Have a good morning” when parting from them.  This is because we have adopted the notion that AM is morning, which gives us 12 hours of morning.  However, we have only around six hours of afternoon (noon to 6 PM), three or so hours of evening (6 PM to 9 PM) and three hours of night (9 PM to midnight).  Although, by the same token, some divide the repeating 24 hour unit known as a day into day (why we divide day into day and anything else is a mystery to me) or diurnal and night or nocturnal, which creates a reasonable division governed by the sun’s presence or absence.  The fringes between these being dusk or twilight (after sunset but before night) and “before daybreak” (although I know of no appropriate word for the period of time when it is growing light yet the sun has not peered over the horizon) (after night but before sunrise).
